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Unexpected beam blowup
✤ D. El Khechen has observed an 

unexpected vertical beam blowup in 
tracking simulations with beam-beam 
and lattice for FCC-ee ttbar by SAD.

✤ The vertical (on closed orbit) emittance 
of the lattice is generated by random 
misalignments of sextpoles and set to 
the design (2.9 pm = 0.2%).

✤ In early simulations with beam beam 
and lattice without misalignment did 
not show such blowups (D. Zhou).

✤ The blowup strongly depends on the 
random number for strength of skew 
quads or misalignments of sextupoles 
to produce the vertical emittance.

Coupling	(%) 0.2 0.2

RMS	of	sext.	Offset	() 11 15

Seed 3 19

ηy	@	(IP.1,	IP.2)	() (-5.3,	4.24) (-8.9,8)

ηpy	x	βy*	@	(IP.1,	IP.2)	() (6.8,	1.04) (35.4,23)

R2	parameter (1.8x10-3,1.8x10-3) (-5.1x10-5,-1.8x10-4)

lattice emittance on closed orbit = 2.9 pm
D. El Khechen



Why unexpected?

✤ This unexpected blowup occurs even when the residual dispersion at the IP 
is below the criteria given by D. Shatilov with beam-beam simulation with 
beamstrahlung but without the lattice.

D. Shatilov



Method
• Lattice: FCCee_t_217_nosol_2.sad, 182.5 GeV, half ring.

• The vertical emittance is given by randomly excited skew quadrupole placed on each 
sextupole in the arc:

• The vertical invariant emittance is always set to 2.9 pm (εy/εx = 0.2%).

• Synchrotron radiation in all magnets. 

• Tapering.

• Optionally, simplified beam-beam effects and beamstrahlung can be applied.

• 1000 particles up to 300 half-turns.
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Symmetric: vertical dispersion is 
confined within the pair, x-y coupling 

leaks outside.
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Antisymmetric: x-y coupling is 
confined within the pair, vertical 

dispersion leaks outside.

+k
<latexit sha1_base64="YRfyvzcIdgkzZMohrJtifwFDUGg="></latexit><latexit sha1_base64="z57/TLv0uBc+N01+zcgHw08rxHA="></latexit><latexit sha1_base64="z57/TLv0uBc+N01+zcgHw08rxHA="></latexit><latexit sha1_base64="z57/TLv0uBc+N01+zcgHw08rxHA="></latexit><latexit sha1_base64="3G1G/6WTyXRfWq4Q+OalB7UohTg="></latexit><latexit sha1_base64="qR+rHb5I6HolBsZoDDHtT1NcXa4="></latexit> −k

<latexit sha1_base64="bDeU+kV6X3xveY+MIlKF7QXqWXc="></latexit><latexit sha1_base64="UEyYW6Ro68IiXvP2gKNWLkLpDLg="></latexit><latexit sha1_base64="UEyYW6Ro68IiXvP2gKNWLkLpDLg="></latexit><latexit sha1_base64="UEyYW6Ro68IiXvP2gKNWLkLpDLg="></latexit><latexit sha1_base64="CDlwIrvCpYBIOhwHacRT/Pj+gqU="></latexit><latexit sha1_base64="TYHWBiAyhK5G4MkM0Vfb4uT14x0="></latexit>



Optics by different excitations of skew quads

Symmetric Skew Quads
Vertical dispersion is confined within the 

pair, x-y coupling leaks outside.

Antisymmetric Skew Quads
X-y coupling is confined within the pair, 

vertical dispersion leaks outside.
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definition of x-y coupling parameter:

betatron coordinate physical coordinate

The skew quads on a sextupole pair can
be represented by two random numbers
k1,2 and a parameter �1  s  1 as
(k1 + sk2, k2 + sk1). Then

s = 1 : perfect symmetric
s = �1 : perfect antisymmetric
s = 0 : : simply random
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Unexpected beam blowup
✤ Then it was found that such a blowup 

could occur even without beam-beam.

✤ The blowup depends on how the 
vertical emittance is generated 
(between symmetric skew = x-y 
coupling dominated and 
antisymmetric skew = vertical 
dispersion dominated).

✤ The blowup is explained by a Vlasov 
model for “anomalous emittance” in 
Ref. [2]. .

lattice (on closed orbit) emittance = 2.9 pm

[2] K. Oide, H. Koiso, ``Anomalous equilibrium emittance due to chromaticity in 
electron storage rings'', Phys.Rev. E49 (1994) 4474-4479.



The Vlasov model agrees with tracking

No beam-beam
Symmetric Skew Q

• The error bars show the variation for 12 samples of skew excitations.
• The most significant resonance is      , according to the tune dependence.νx − νy − νz = N
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The Vlasov model (in Ref. [2])
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TABLE I. Related parameters of the B-meson factory at
KEK.

Beam energy
Transverse tunes
Linear emittances

Relative momentum spread
Circumference

Synchrotron damping period
P functions at the IP
Solenoid field at the IP

E
P /Py
&xo/&yo

Og
cTO
v/To
P.'/P,'
B,l,

3.5
41.11/41.19
18.0/0. 014
7.4X10-'
3010
4150
1/0.01
1x2.2

GeV
21T
nm

m
turns

Tm

pensated by other magnets only at the designed momen-
tum, the remaining chromatic change of the coupling
term is still big enough to blow up the verti. cal emittance,
as shown below. This paper proposes a model to evaluate
the anomalous emittance quantitatively. We also show
several results by applying the model to a design of a ring
for the B-meson factory at KEK as an example [8],whose
parameters are listed in Table I.

II. EQUILIBRIUM DISTRIBUTION AS A FUNCTION
OF LONGH'UDINAL VARIABLES

First we assume that the one-turn transformation
around the equilibrium orbit x, is linear in the transverse
direction, and that the longitudinal oscillation itself is
also linear and independent of the transverse motion.
Therefore, the longitudinal oscillation without radiation
is a simple sinusoidal motion in the phase space around
the equilibrium values 5, and z„

5=+2J,cosnp, +5, ,
z =+2J,sinn@, +z, , ,

(2)

where J, is the longitudinal action, IM, is the phase ad-
vance of the synchrotron motion per one revolution, and
P, =np, is the, longitudinal angle at the n-th turn. The
number p, /2n is often called a synchrotron tune. Note
that Eq. (2) assumes a normalization of 5 and z, so that
the motion becomes circular in the phase space. In the
present example, the final results turn out to be consistent
with the assumption that the longitudinal distribution is
not affected by the chromatic effects. Due to the
chromatic effects of the transverse transformation, the
equilibrium distribution inevitably depends on the longi-
tudinal coordinates (J„P,). Although this equilibrium
solution also depends on s, all variables are evaluated at a
particular location s for the time being. Thus all vari-
ables are defined at s hereafter. We propose a natural
generalization of the equilibrium equation (I), so that it
describes the transverse distribution dependent on (J„P,)
as well. Since the transverse motion is linear, the equilib-
rium distribution is still Gaussian in the transverse direc-
tion and can be specified by the variances which now de-
pend on (J„P,}. In what follows, we restrict our atten-
tion only on the transverse distribution and use trans-
verse four-dimensional vectors and 4X4 matrices. We
impose an additional condition that the original matrix

M is separated into the transverse part U and longitudi-
nal part. This condition is usually satisfied by choosing s
at a place where the linear momentum dispersion of the
transverse orbit is suppressed.
We define the mean value h of the orbit deviation from

the transverse part of x, and the transverse variance ma-
trix 8'around h as

h( J„P,}= f (x,—x„}f(x„J„P,}dx, /p( J,},
W( Jz, g, )= f (x,—x„)(x,—x„}

Xf(x„J„P,)dx, /p(J, },

(3)

h(J„P,+p, }=Uh(J„P, )+d+bh,
W(J„$,+1M, )=UW( J„$,)U +dh U +Uhd

+dd~+D+ 5g,
(5)

The right-hand side (rhs} of Eq. (5) expresses the transfer
of the beam distribution in one revolution associated with
the transverse one-turn map. All vectors and matrices on
the rhs of Eq. (5) are evaluated at (J„P,). The terms b,h
and 68'represent the damping and diffusion in the longi-
tudinal phase space described in the next paragraph. The
matrix U(J„P,} now involves all chromaticities in the
transverse transfer matrix including x-y coupling terms,
and d( J„P,} is the source of the higher-order momentum
dispersion of the transverse orbit. According to our as-
sumption on the transverse linearity, the matrix U does
not depend on the amplitude of the mean value h. The
excitation matrix D(J„P,} also reflects the chromatic
effects of the ring.
In addition to the transverse transfer described above,

we have to take into account that both the damping and
the diffusion in the longitudinal phase space also transfer
the transverse beam distribution. This longitudinal
transfer is described by the Fokker-Planck equation [9],

df 2 t) ~ z df (6)

where v is the longitudinal damping time. According to
the definitions Eq. (3), the quantities p(J, )h and p(J, )W
should satisfy the same equation as Eq. (6). Since the
time scale of the synchrotron motion is longer than the
revolution period To in most rings, we can estimate the
effect simply by multiplying the rhs of (6) by To. This

where f is the six-dimensional distribution function at s,
and the integration is performed over the transverse
phase space. The subscript t indicates the transverse part.
The longitudinal distribution p( J, ) is Gaussian, i.e.,
ff(x„J„P,)dx, =p(J, )=exp( —J,/o&)/os, (4)

where o& is the momentum spread. Since we have as-
sumed that the synchrotron motion is sinusoidal, which
advances the phase P, by p,, in one revolution of the ring
as Eq. (2), the equilibrium distribution satisfies these
equations:

Closed orbit (Jz, ϕz)

Transverse 
second moment (Jz, ϕz)

Equilibrium after one 
revolution of the ring

The longitudinal 
distribution is Gaussian

Diffusion is also taken into account.

U=U(δ): momentum 
dependent 1-turn xfer matrix



Tune dependence by Vlasov model
✤ As the agreement with tracking looks excellent, let us use the Vlasov model hereafter, since it is 

many orders faster than tracking.

✤ Scanning the synchrotron tune is just easy in the model, since it is just a parameter and no change 
in the lattice is necessary.

✤ The width of resonance ∼ damping rate = 1/(40 half turns)

νx →
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• According to the tune dependence above, the resonance
⌫x � ⌫y � ⌫z = N is identified as the most relevant one.
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Skew Q is fixed at the design 
νz in these figures above.

No beam-beam
Symmetric skew



The resonance line

✤ The design tune point is a little bit off the resonance line — but it 
has a meaning: the blowup can be larger than on a tune exact at 
the resonance.

design



The Vlasov model
✤ Near a resonance line, the transfer matrix over one synchrotron period 

can be on resonance at a certain amplitude of the synchrotron motion. 
This leads to the anomalous beam blowup.

✤

No beam-beam
Symmetric skew



Implementation of simplified beam-beam
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The damping due to BS is also 
implemented in a similar way.



Blowup with/without beam-beam

εy/εx = 0.2%, no beamstrahlung
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Comparison of the blowups

Antisymmetric, BB+BS Symmetric, BB+BS

Antisymmetric, no BB Symmetric, no BB

in the synchrotron phase space 



design

An alternative tune

εy/εx = 0.2%,with beamstrahlung
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How can we solve the unexpected beam blowup?

✤ The unexpected (anomalous) emittance blowup sets an additional 
condition for the machine.

✤ Not only the luminosity, but beam losses, detector background, 
quenches of superconducting magnets will be affected.

✤ Probably the most straight-forward solution is to reduce the lattice 
(on closed orbit) emittance well below the design. For instance it 
should be less than 0.1% in the case of FCC-ee ttbar.

✤ Such a very small emittance is reachable by the emittance tuning 
method simulated.

✤ Once such a very small vertical emittance is achieved, a question is 
how to blowup it to the design value. For that purpose an emittance 
control knob, which does not affect the  anomalous emittance, must 
be developed.



Summary
✤ Unexpected blowups of the vertical emittance have been seen in tracking 

in lattices for FCC-ee with skew quads or vertical misalignments of 
sextupoles, with or without beam-beam.

✤ This effect is well explained by a Vlasov model of the transverse 
distribution in the longitudinal phase space.

✤ The effect is a synchrotron-betatron resonance depending on the 
synchrotron oscillation amplitude.

✤ This effect sets another criteria on the machine tuning and alignment 
tolerances.

✤ Even smaller vertical emittance of the lattice will be necessary to achieve 
the desired emittance.



Summary
✤ Unexpected blowups of the vertical emittance have been seen in tracking 

in lattices for FCC-ee with skew quads or vertical misalignments of 
sextupoles, with or without beam-beam.

✤ This effect is well explained by a Vlasov model of the transverse 
distribution in the longitudinal phase space.

✤ The effect is a synchrotron-betatron resonance depending on the 
synchrotron oscillation amplitude.

✤ This effect sets another criteria on the machine tuning and alignment 
tolerances.

✤ Even smaller vertical emittance of the lattice will be necessary to achieve 
the desired emittance.

Thank you for paying attention!
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Luminosity performance

COLLIDER DESIGN AND PERFORMANCE

2.2.2.4 Optimisation at the tt threshold and above
At the tt production (beam energy from 170 to 182.5 GeV) the coherent instabilities are suppressed by
very strong damping, but another problem becomes dominant: the lifetime limitation by single high-
energy beamstrahlung photons [148]. Thus, in contrast to low energies, �⇤

x should be increased in order
to make �x larger and thereby weaken the beamstrahlung. With increased �x, Li ⇡ 1.8 mm is obtained,
and �⇤

y should be about the same (or slightly smaller). It should be noted that an increase in "x is not
profitable since a small "y is needed for high luminosity, so the 90

�/90
� lattice is used.

Table 2.1: Machine parameters of the FCC-ee for different beam energies.

Z WW ZH tt
Circumference [km] 97.756
Bending radius [km] 10.760
Free length to IP `⇤ [m] 2.2
Solenoid field at IP [T] 2.0
Full crossing angle at IP [mrad] 30
SR power / beam [MW] 50
Beam energy [GeV] 45.6 80 120 175 182.5
Beam current [mA] 1390 147 29 6.4 5.4
Bunches / beam 16640 2000 328 59 48
Average bunch spacing [ns] 19.6 163 994 27631 3396??

Bunch population [1011] 1.7 1.5 1.8 2.2 2.3
Horizontal emittance "x [nm] 0.27 0.84 0.63 1.34 1.46
Vertical emittance "y [pm] 1.0 1.7 1.3 2.7 2.9
Arc cell phase advances [deg] 60/60 90/90
Momentum compaction ↵p [10�6] 14.8 7.3
Arc sextupole families 208 292
Horizontal �⇤

x [m] 0.15 0.2 0.3 1.0
Vertical �⇤

y [mm] 0.8 1.0 1.0 1.6
Horizontal size at IP �⇤

x [µm] 6.4 13.0 13.7 36.7 38.2
Vertical size at IP �⇤

y [nm] 28 41 36 66 68
Energy spread (SR/BS) �� [%] 0.038/0.132 0.066/0.131 0.099/0.165 0.144/0.186 0.150/0.192
Bunch length (SR/BS) �z [mm] 3.5/12.1 3.0/6.0 3.15/5.3 2.01/2.62 1.97/2.54
Piwinski angle (SR/BS) 8.2/28.5 3.5/7.0 3.4/5.8 0.8/1.1 0.8/1.0
Length of interaction area Li [mm] 0.42 0.85 0.90 1.8 1.8
Hourglass factor RHG

Crab sextupole strength [%] 97 87 80 40 40
Energy loss / turn [GeV] 0.036 0.34 1.72 7.8 9.2
RF frequency [MHz] 400 400 / 800
RF voltage [GV] 0.1 0.75 2.0 4.0 / 5.4 4.0 / 6.9
Synchrotron tune Qs 0.0250 0.0506 0.0358 0.0818 0.0872
Long. damping time [turns] 1273 236 70.3 23.1 20.4
RF acceptance [%] 1.9 3.5 2.3 3.36 3.36
Energy acceptance (DA) [%] ±1.3 ±1.3 ±1.7 -2.8 +2.4
Polarisation time tp [min] 15000 900 120 18.0 14.6
Luminosity / IP [1034/cm2s] 230 28 8.5 1.8 1.55
Horizontal tune Qx 269.139 269.124 389.129 389.108
Vertical tune Qy 269.219 269.199 389.199 389.175
Beam-beam ⇠x/⇠y 0.004/0.133 0.010/0.113 0.016/0.118 0.097/0.128 0.099/0.126
Allowable e+e� charge asymmetry [%] ±5 ±3
Lifetime by rad. Bhabha [min] 68 59 38 40 39
Actual lifetime by BS [min] > 200 > 200 18 24 18

2.3 Design Challenges and Approaches
Based on combinations of existing technologies for e+e� circular colliders developed through the last
half century, the FCC-ee will achieve the best ever luminosities at each energy. Although some com-
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Table 2.10: Peak luminosity per IP, total luminosity per year (two IPs), luminosity target, and run time
for each FCC-ee working point.

Working Point Luminosity/IP Tot. lum./year Goal Run Time
[10

34 cm�2s�1] [ab�1 / year] [ab�1] [years]
Z (first two years) 100 24 150 4
Z (other years) 200 48
W 25 6 10 2
H 7.0 1.7 5 3

RF reconfiguration 1
tt 350 GeV (first year) 0.8 0.19 0.2 1
tt 365 GeV 1.5 0.34 1.5 4

Figure 2.31: FCC-ee operation time line. The bottom part indicates the number of cryomodules to be
installed in the collider and booster, respectively, during the various shutdown periods. The 100 800 MHz
cryomodules for the top-up booster could also be installed during the long one-year shutdown between
H and tt̄ running, instead of, as indicated, during the preceding two winter shutdowns.

2.10 Running at Other Energies
The FCC-ee can produce further important physics results by running at additional centre-of-mass ener-
gies. Worth mentioning are the possibility of direct Higgs production at 125 GeV using a monochroma-
tisation scheme and the implications of pushing the energy well beyond the tt̄ threshold.

2.10.1 s-channel Higgs Production
Direct s-channel Higgs production in e

+
e
� collisions, with a collision energy around 125 GeV, allows

the measurement of the Hee Yukawa coupling, provided that the centre-of-mass energy spread, �ecm, can
be reduced to about 6–10 MeV to be comparable to the width of the standard model Higgs boson. The
natural collision-energy spread at 125 GeV due to synchrotron radiation is about 46 MeV. Its reduction to
the desired level can be accomplished by means of monochromatisation [231], which is most efficiently
achieved by introducing non-zero horizontal dispersion of opposite sign at the IP for two beams in col-
lisions without a crossing angle. This requires either a change of beam-line geometry in the interaction
region or the use of crab cavities to compensate for the existing angle. However, monochromatisation is
possible even in the presence of a crossing angle and without crabbing.

The decrease in �ecm is described by the monochromatisation factor ⇤:

⇤
2

= 1 +
�2
m

1 + �2
(1 + �2

m)
, (2.11)
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